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ABSTRACT
The issue of speed and accuracy is one major challenge in the
area of Spectrum hole detection in Cognitive Radio Network
(CRN), owing to some of the techniques used in the previous
past, noise is sometimes recorded against spectrum hole, and
this is mostly due to the method adopted, the need for a more
compact procedure has become necessary. An Algorithm for
Spectrum Hole Detection using Convex Optimization and
Tensor analysis in Cognitive Radio Network seeks to present a
way out of it. The tensor analysis provides an infinite
representation of  Spectrum data from the wideband
Spectrum, while Convex optimization was used to split the
large data by grouping it into various spectrum segment, based
on the objective function, this grouping will help improve on
the speed of Spectrum hole detection. Principal Component
Analysis (PCA) checks the level of coherent using linear
transformation, the use of Eigen Values and Eigen Vectors was
used to stretch out the data. Covariance matrix will help further
check how the variable varies with respect to each other using
diagonalization.  It describes the dimension of the spectrum
data, this method is a model for optimizing spectrum hole
detection.

INTRODUCTION
Reliable and fast wireless data

transmission is becoming a global
phenomenon and also a significant
consideration in our lives, such as the
internet, online shopping, and social
networking. This has caused an increase in
the demand for the radio frequency
spectrum. However, conservative
spectrum allocation policies have created
a shortage of vacant spectrum bands
(channels) FCC. The US frequency
allocation given in indicates that there is
little room for any new assignment in the

most useful frequency bands (<3GHz) for
wireless communications.

On the other hand, recent studies
conducted by the Federal
Communications Commission (FCC) in the
United States and Ofcom in the United
Kingdom [3] have found that the average
utilization in licensed frequency bands is as
low as 5%. This is also indicated by the
spectrum measurements carried out in our
laboratory within a range of 1MHz to 1
GHz, which show large swathes of the
inactive spectrum (Figure. 1). Based on
these measurements, the FCC concluded
that there are two basic scenarios to
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improve the spectrum efficiency of the
licensed bands. In the first scenario, where
the spectrum is fully utilised, the spectrum
efficiency can be improved in terms of bits
per second per Hertz (bps/Hz), by using
better radio access technologies. In
Spectrum Prediction in Cognitive Radio
Networks: A Bayesian Approach [1]

Given this fact, new insights into
the use of radio spectrum have challenged
the traditional static spectrum allocation
policy. Actual measurements have
revealed that most of the allocated
spectrum is mostly underutilized. Similar
views on the underutilization of allocated
spectrum were reported by the Spectrum-
Policy Task Force appointed by Federal
Communications Commission's (FCC)
Spectral efficiency can be increased
significantly by giving opportunistic access
of the frequency bands to unlicensed
users. Cognitive Radio (CR) has been
proposed as a way to improve spectrum
efficiency by exploiting the unused
spectrum in dynamically changing
environments. The CR  technology is based
on an innovative radio design philosophy
which involves smartly sensing the swaths
of radio spectrum  and then determining
the transmission characteristics (e.g.,
symbol rate, power, bandwidth) for
cognitive radio users (CR  up until recently,
most research has been concentrated on
improving spectrum efficiency in bps/Hz
by practising better radio access
technologies.
Cognitive Radio (CR): is an emerging
technique to increase the practical usage
of the spectrum. Due to the rapid
development in some wireless devices and
gadgets, there is a scarcity in the radio
frequency band. This led to the spectrum
sensing concept of identifying the unused
spectrum holes. Spectrum sensing can be
defined as the ability to detect the
presence or absence of a licensed user in
the channel, while the most challenging
task is to sense in shallow SNR regime
[2][3]

In the Current communication
networks, the average spectrum utilization
is around 15% to 85%. Cognitive Radio (CR)
is a solution to increase the spectrum
utilization and ultimately, the network
capacity leading to generating new
revenue streams with a higher quality of
service. With the growing demand for
higher capacity in wireless networks due
to the rapid growth of new applications
such as multimedia, the network resources
such as spectrum should be used more
efficiently to fulfil the need for both
quantity and quality of service.

Cognitive Radio: Approach to Increase
Spectrum Efficiency

One major finding from the
measurements reported is that a large
portion of the radio spectrum is not in use
for significant periods in certain areas.
Hence, there are many spectrum holes. It
is defined as a set of frequency bands
assigned (licensed) to a user (this user is
referred to as a primary user), but, at a
particular time and a specific geographic
location, the frequency band is not being
used by that user.

Moreover, the report also
showed that users heavily access most of
the unlicensed spectra and therefore have
a high spectrum utilization thanks to the
possibility of open access with relaxed
regulations. These observations lead us to
a critical idea: the spectrum utilization can
be drastically increased by allowing
secondary users access to the spectrum
holes that are unutilized by the primary
user at a certain time and space. The
Cognitive radio has been proposed as a
means to achieve such dynamics. A
cognitive radio senses the spectral
environment over a full frequency band
and exploits this information to
opportunistically provide wireless links
that can best meet the demand of the
user, but also of its radio environments.
[14]

CR facilitates the secondary user
(SU) to build transmission links in
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unoccupied PU channels such that there is
no/minimum interference to PUs. The CR
possesses the following functionalities:
spectrum sensing; spectrum access;
spectrum allocation and management
among different SUs. The SU's
transmission modes can be generally
categorized into two modes: interference

avoidance (white space) mode and the
Interference management (black and grey
space) mode. The interference avoidance
mode is often termed as interweaving
access. In interweave access, the SU finds
spectrum holes (white space) by sensing
the radio frequency spectrum as
illustrated in figure 1 [5]

Figure 1: Spectrum measurements. [4]

One of the most critical
discoveries from the measurements
reported is that a large portion of the
scenario, where the spectrum usage is
relatively low over time, the spectrum
efficiency can be improved by increasing
the access efficiency, i.e. allowing access of
unlicensed (secondary) devices to the
licensed (primary) frequency bands.  Up
until recently, most research has been
concentrated on improving spectrum
efficiency in bps/Hz. There has, however,
been an increase in research effort
directed towards increasing access
efficiency through spectrum sharing. One
of the critical enabling technologies in this
push is cognitive radio (CR), which. CR
enables the secondary user (SU) to build
transmission links in vacant PU channels
such that there is no/minimum
interference to PUs. [6]

The realisation of such an
operation requires the CR to have the
following functionalities:  spectrum
sensing; spectrum access; spectrum

allocation and management among
different SUs; and reconfigurable
hardware.

Speed and Accuracy in Spectrum Sensing
Wideband spectrum sensing is

one of the most challenging components
of cognitive radio networks. It should be
performed as fast and accurately as
possible. Speed is also a significant
concern in cognitive radio, [8]

Since it takes split seconds for
reallocation based on the availability of
several Secondary users in the queue.
Some of the most essential elements of
the cognitive radio concept is its ability to
measure, sense, learn, and know the
parameters associated with the radio
channel characteristics, the availability of
spectrum and power, the radio's operating
environment, user requirements and
applications, available network
infrastructures) and nodes, local policies
and other operating restrictions. In
cognitive radio terminology, the primary
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users are defined as the users who have
higher priority or legacy rights on the
usage of a specific part of the spectrum.
On the other hand, secondary users, which
have a lower priority, utilise this spectrum
in such a way that they do not cause
interference to primary users. Therefore,
secondary users need to have cognitive
radio capabilities, such as sensing the
spectrum reliably to check whether a
primary user is using it and to change the
radio parameters to exploit the remaining
part of the range. Speed can be enhanced
when priorities are set, and objective five
functions are spelt out [7]

Cognitive Radio
Cognitive Radio is also been

considered as a solution to overcome the
spectrum scarcity in the present
communication scenario.  Spectrum
sensing is a significant activity that is used
by the CR to understand the spectrum
occupancy of PU. Several methods are
proposed in the literature to sense the
spectrum hole. A CR user develops a
spectrum pool consisting of all the
spectrum holes in a range of spectrum and
chooses the optimum one for its future
usage. Channel capacity can be increased
by using the proper spectrum sharing
policy. CR users are supposed to operate
within tiny time slots for spectrum sensing
and to communicate with other users.
Spectrum sensing, spectrum decision and
spectrum sharing will take considerable
time delays. If it takes more time for these
activities, then the time available for data
communication will be less, and the
throughput of the system will also come
down. Spectrum prediction will be an
alternate approach to save sensing time.
Spectrum prediction in cognitive radio
networks is a challenging problem that
involves several sub-topics such as channel
status prediction, PU activity prediction,
radio environment prediction, and
transmission rate prediction.  Prediction
based spectrum sensing, prediction based
spectrum decision and prediction based

spectrum mobility have been presented in
the literature. Prediction based sensing is
explored in this paper. In this case, the
channel predicted to be busy can be
omitted by the SU form sensing so that
there will be time-saving and energy
saving. In CR networks, since SUs are
sensing and observing the spectrum all the
time, they can learn the usage pattern of
the spectrum and use such information to
predict the future status of the spectrum.
[8]

Spectrum Sensing Model
Spectrum sensing is one of the essential
processes performed by cognitive radio
systems. It allows the SUs to learn about
the radio environment by detecting the
presence of the PU signals using one or
multiple techniques and decide to
transmit or not in its frequency band, as
shown in figure 2. from the equation
below n=1….N, N is the number of
samples, y(n) is the SU received signal, s(n)
is the PU signal, w(n) is the additive white
Gaussian noise (AWGN) with zero mean
and variance, and h is the complex channel
gain of the sensing channel. H0 and H1
denote the absence and the presence of
the PU signal, respectively. The PU signal
detection is performed using one of the
spectrum sensing techniques to decide
between the two hypotheses H0 and H1.
The detector output, also called the test
statistic, is then compared to a threshold
to make the sensing decision about the PU
signal presence. The sensing decision is
performed as [10][11]

w(n), Ho: PU  absent
y(n)=

h * s(n) + w(n) ,   H1: PU  Present
Where n=1….N, N is the number

of samples, y(n) is the SU received signal,
s(n) is the PU signal, w(n) is the additive
white Gaussian noise (AWGN) with zero
mean and variance, and h is the complex
channel gain of the sensing channel. H0
and H1 denote the absence and the
presence of the PU signal, respectively.
The PU signal detection is performed using
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one of the spectrum sensing techniques to
decide between the two hypotheses H0

and H1

Figure 2: Block Diagram Flow Process for CR

TENSOR
Tensor is a multi-way extension of

a matrix, and Tensor a multi-dimensional
array will be used to decompose frequency
and also model the system for accuracy,
tensors are geometric objects which
illustrate the linear relations between
geometric vectors, scalars, and other
tensors. Simple examples of such
relationships are the dot product, the
cross product, and the linear maps. The
Geometric vectors, often used in physics
and engineering applications, and scalars

themselves are also tensors.  Figure 3 and
4 are a more sophisticated example is the
Cauchy stress tensor T, which has a
direction v as input and then produces the
stress T (v) on the surface normal to this
vector as the output, thus expressing a
relationship between these two vectors,
shown in the figure below. Let denote unit
vectors in the x, y and z-direction.  The hat
indicates a magnitude of unity. The
position vector (the arrow denotes a
vector that is not a unit vector) shown in
figure 3.

Figure 3: 3D Tensor diagram Figure 4: 3D Vector Diagram

Taking a look at how tensor can
be represented, an example is positive
normal stress puts a body in tension, and
negative normal stress puts the body in
compression.  Shear stresses always put
the body in shear.

An instance can be considered for
tensor differential if is the coordinate of
a point in -dimensional space are
component of a contravariant vector. If, , … . , are coordinates in -
coordinate system
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and , , … , , are coordinate in
- coordinate system.

If = ( , , … , )
(1)

= + +⋯+=
It is the law of transformation of the contravariant vector. So are components of a
contravariant vector.
If ∅ is a covariant vector where ∅ is a scalar function.ℎ , , … , or are coordinates in -coordinate system and , , … , are
coordinates in -coordinate system. Consider ∅ , ,… , = ∅( , , … , )∅ = ∅ + ∅ +⋯+ ∅∅ = ∅ + ∅ +⋯+ ∅

∅ = ∅ r ∅ = ∅
It is the law of transformation of the component of the covariant vector. So ∅ is a component
of the covariant vector

Covariant Tensor of Rank Two
For this instance Let (i,j

=1,2,…,n) be functions of
coordinates , , … , in -coordinate
system. If the quantities are

transformed to in -coordinate system
having coordinates , , … , , then
according to the law of transformation,

= (2)
Then called components of the covariant tensor of rank two

RESEARCH METHODOLOGY
This research will employ

Mathematical modelling, and Software
design approaches. The algorithm for
realising this work will follow the under
listed order of fundamental is the order of
realisation of this work.
1. Tensor
2. Convex optimization
3. Principal Component Analysis
4. Eigen Values and Eigen Vectors

5. Covariant Matrix

Splitting Frequency
Wideband and Ultra-wideband

have wide range of spectrum, spectrum
data will be a daunting task to measure,
accuracy and time is an issue for concern,
owing to the possibility of a large number
of data samples in the terminal sub-band
channels of the wideband spectrum,

developing a fast and accurate spectrum
detecting technique is very important,
tensor analysis will be useful for
representing these massive quantities of
data before detection.  Due to the
extensive data associated wideband,
different levels of decomposition is
necessary.



JOURNAL OF SCIENCE TECHNOLOGY AND EDUCATION 8(2), JUNE, 2020ISSN: 2277-0011; Journal homepage: www.atbuftejoste.com

Corresponding author: Emeshili, O. J. ofsyn@yahoo.com Department of Electrical/Electronic Engineering,
University of Abuja. © 2020. Faculty of Technology Education, ATBU Bauchi. All rights reserved

113

Figure 5: Top-Down Frequency Decomposition

The diagram in figure 5 is a top-
down arrangement that shows how a
spectrum can be split into a different range
of frequencies to accommodate the wide

range of spectrum within a wideband.
While figure 6 is an analogy showing how
wideband can be split into different sub-
bands

Figure 6: Diagram showing analogy of wideband is broken down to many sub-bands,

In representing the frequency
spread of the wideband, this work adopts
the properties of the tensors in tagging
frequency position against energy as it’s
usually represented in Power Spectrum
Density (PSD), which can handle an infinite
number of representations.

Power Spectral Density
Power Spectral Density (PSD), is

defined as the frequency response of a
random or periodic signal. It shows where

the average power is distributed as a
function of frequency. Power Spectral
Density (PSD) is used to determine
spectrum hole location in a wide
spectrum.

The PSD is deterministic, and for
certain types of random signals, it is
independent of time this is very useful
because the Fourier transform of a
random time signal is itself random, and
therefore is of little use calculating the
transfer relationships (i.e., determining
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the output of a filter when its input is
random).
∙ The PSD of a random time signal, given as

x(t) can be expressed in one of two
methods that are equivalent to each other

1. The PSD is the average of the Fourier transform's magnitude squared, over an
extensive time interval













 

 
2

2

2
1

dtetx
T

EfS ftj
T

TT
x

)(lim)(

(3)
2. The PSD is the Fourier transform of the autocorrelation function.

dteRfS ftj
T

T
xx

 2

 )()(

 )(*)()(   txtxER x

∙ The power can be calculated from a random signal over a given band of frequencies as
follows:

1. Total Power in x(t): 



 )()( 0xx RdffSP

2. Power in x(t) in range f1 - f2:  
2

1
12 0

f

f
xx RdffSP )()(

This power spectral density (PSD),
or simply the power spectrum, of a signal,
is the representation of the spread of
signal power as a function of frequency.
Power Spectrum Density is used to
measure the signal level of the spectrum
data; the spectrum data will be
represented on the various tensor
slice.[12]

Preliminary Data
Preliminary data was gotten using

simulation lab in Matlab, and it was used
to generate data, as displayed in figure 7,
8 and 9, are Periodogram used to

represent frequency plot of energy level
against frequency. Power spectral density
can be used in identifying the approximate
location of the spectrum hole. This will be
improved upon with the help of the
thresholding technique to get the exact
location

Figures 7, 8 and 9 are the graphs
of wideband signals, and the figure has
protruded point which indicates the area
where the hole is likely not to be., the
points will be further decomposed and
split to help simplify the process. Note
figure 10 is a plot showing thresholding of
a sub-band.

Figure 7 Graph of Periodogram Power
Spectral density 1 Figure 8 Periodogram Power

spectral density 2

2
)()()( fHfSfS xy 
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Figure 9: Periodogram Power spectral density 3 Figure 10: Periodogram Power
spectral density with constraint 1

When a constraint is introduced,
the result will further narrow the search
area, and this will further increase the

possibility of detection as shown in figure
10 the red line is for thresholding and
converging the search area.

Procedure for Realising Algorithm
The Algorithm will follow a

particular trend and procedure, the
flowchart in figure 11 represents the flow

process for the algorithm, the large
spectrum data from a wideband will
undergo various processes before the
spectrum hole can be detected as shown
in figure 11.

Figure 11: Algorithm showing the procedure for the algorithm

1. Start

2. Read Spectrum data    =

3. Develop Tensor Representation for spectrum data
4. Carry out dimensionality Reduction using Principal Component Analysis
5. Evolve a Covariance Matrix to Reduce noise from the spectrum data

(∑) = ( , ) ( , ) ⋯ ( , )( , ) ( , ) ⋯ ( , )⋮( , ) ⋮( , ) ⋮⋯ ⋮( , )(∑) = ( − )( − ) ; = ⋮
Use Convex optimization properties to formulate constraint to decompose sensor

 
 

 

0min

0, 1...

0, 1...
i

i

imize f x

subject to f x i m

h x i p

    
  

6. Use Eigen Value to stretch out the data for Spectrum hole visibility
7. Spectrum hole detected
8. end



JOURNAL OF SCIENCE TECHNOLOGY AND EDUCATION 8(2), JUNE, 2020ISSN: 2277-0011; Journal homepage: www.atbuftejoste.com

Corresponding author: Emeshili, O. J. ofsyn@yahoo.com Department of Electrical/Electronic Engineering,
University of Abuja. © 2020. Faculty of Technology Education, ATBU Bauchi. All rights reserved

116

Row

Column

Slice

Slice 1

Slice 2

Slice 3

Slice 4

Slice 5

Figure 12 Diagram of a Front Slice Figure 13 Several Slices with Hyperspaces
with Row and Column

The diagram in 12 is a single slice
diagram while figure 13 is a combination of
many slices which can be referred to as
Tensor, this provides a unique
representation for any instance of the
frequency range,

The space within the slice in
figure 14 is called Hyperspace, and this has
increased facility for frequency
representation. In representing them, the
tensors are defined based on a specific
order

*

Figure 14: HyperSpace and Super Box Tensor coordinates can be represented by
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Data=TensorA(5,2,1,1,1)

Data=TensorA(4,11,4,1,1)

Figure 15: Tensor showing coordinate on Tensors

The demonstration here shows
how the representation is done in tensor,
the components for this are row, column,
Slice, Tensor, Superbox. Figure 12, 13, 14

and 15 are graphical examples of the
process of representing events using
Tensors. Data command is given as follows

Data=Tensor A (row, column, Slice, Tensor, Superbox)
Data=Tensor A (4, 11, 4, 1, 1)
The command Tensor A (4, 11, 4, 1, 1) represent various position
Data=Tensor A (5, 2, 1, 1, 1)
Let’s represent a spectrum data   using random data.
a = randn (1, 5)

a = randn (1, 5)
a =   0.5377    1.8339 -2.2588    0.8622    0.3188
b = randn (1, 5)
b = -1.3077 -0.4336    0.3426    3.5784    2.7694
c = randn (1, 5)

c = -1.3499    3.0349    0.7254 -0.0631    0.7147
a covariant of all the spectrum data call be explored   in matlab using this command
a_cov = a *. a'
a_cov = a *. a'
one major advantage of using covariant matrix is that it can transpose noise signal which

cancel out completely. Exhibiting the command in matlab
>> a_cov = a * a'

a_cov =   9.5996
A further extension of the data could generate a random number 5 by 5 with the following
command a = randn (5, 5)
This random number is assign to a as
a = -0.2050    0.6715    1.0347    0.8884    1.4384

-0.1241 -1.2075    0.7269 -1.1471    0.3252
1.4897    0.7172 -0.3034 -1.0689 -0.7549
1.4090    1.6302    0.2939 -0.8095    1.3703
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1.4172    0.4889 -0.7873 -2.9443 -1.7115
This method could be used for data for b and c
>> b = randn (5, 5)
b =

-0.1022 -0.0301 -0.8637    1.5326 -1.0891
-0.2414 -0.1649    0.0774 -0.7697    0.0326
0.3192    0.6277 -1.2141    0.3714    0.5525
0.3129    1.0933 -1.1135 -0.2256    1.1006

-0.8649    1.1093 -0.0068    1.1174    1.5442
>> c = randn (5, 5)
c =

0.0859 -0.6156 -1.4023    1.4193    0.6966
-1.4916    0.7481 -1.4224    0.2916    0.8351
-0.7423 -0.1924    0.4882    0.1978 -0.2437
-1.0616    0.8886 -0.1774    1.5877    0.2157
2.3505 -0.7648 -0.1961 -0.8045 -1.1658

Exploring the tensor properties
for infinite data representation, this is
done by invoking the tensor command in
Matlab below zero is assigned to tensor
data

Exploring the tensor properties of for
infinite data representation, by invoking
the tensor command in Matlab below zero
is assigned to tensor data

Considering a tensor of order (5, 5, 7)
>> data_tensor = zeros (5, 5, 7)
Initialising the first slice of the tensor 1 to zero
data_tensor(:,:,1) =

0     0     0     0     0
0 0     0     0     0
0     0     0     0     0
0     0     0     0     0
0     0     0     0     0

Slice 3 is assign to b data
>> data_tensor(:,:,3) = b

data_tensor(:,:,3) =

-0.1022 -0.0301 -0.8637    1.5326 -1.0891
-0.2414 -0.1649    0.0774 -0.7697    0.0326
0.3192    0.6277 -1.2141    0.3714    0.5525
0.3129    1.0933 -1.1135 -0.2256    1.1006

-0.8649    1.1093 -0.0068    1.1174    1.5442

CONVEX OPTIMIZATION
Convex optimization is a subfield

of optimization that studies the problem
of minimizing convex functions over
convex sets. Convex optimization is used
to split frequencies into sub-bands; this
will help in directing one to the most likely
position where the available spectrum

hole exists, convex optimization will help
minimize the time taken for detection. The
convexity makes optimization easier than
the general case since the local minimum
must be a global minimum, and first-order
conditions are sufficient conditions for
optimality. The general mathematical
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programming problem can be formulated
by determining the n variables

Minimize0 ℎ
Subject to ( ) ≤ 0, = 1…… .. (4) , this is a condition for convex optimizationℎ ( ) ≤ 0, = 1……………… .
In problem formulation, convex optimization is used   with x as the variable= ( ……………………… . ).
That optimizes function for the variables under test is( ) = F(x1………………………. xn)
Which is called objective function, note that this is the constraint for optimization( ) = ( …………… ) ≥ 0 = 1…………………… ..l
subject to linear and/or nonlinear inequality constraints( ) = ( …………… ) = 0 = + 1………………
and to m — I linear and/or nonlinear equality constraint  When the objective function and the
m constraints are linear, the mathematical programming problem is a linear programming
problem.

When either the objective
function or one or more of the constraints
are nonlinear, the programming problem
is nonlinear. In considering the nonlinear
programming problem we prefer always to

think of a minimizing problem, but this
implies no loss of generality since,
A generic optimisation problem (in
minimisation form) is specified as

Min  f0(x) optimisation problem ( ) =≤ 0 = 1……… . .
h1( ) = 0 = 1……… . .

The optimisation problem aims to  find the x that minimises
f0(x) while satisfying ( ) =≤ 0 = 1……… . . and     h1( ) = 0 = 1……… . .

The variable x∈R is called the optimisation variable and the function f0: Rn R
is known as the objective function.
The inequalities ( ) =≤ 0, are referred to as inequality constraints and the functions,
f0: Rn R. are called inequality constraint functions.
The equalities hi(x) = 0 are called equality constraints and the functions hi(x): Rn R
R are known as equality constraint functions.

The domain D of the optimisation
problem is the set of points for which the
objective and constraint functions are
defined. A point x∈D x 2 D is called a
feasible point if all constraints are
satisfied. The optimisation problem is
feasible if there is at least one feasible
point.

A feasible solution x* is called a
globally optimum solution if ( ∗) =≤( ).

For all feasible x, A feasible
solution x is called a locally optimum
solution if there exists an ɛ >0 such that( ∗) =≤ ( ) for all feasible x that
satisfies. ǁx-x*ǁ2≤ɛ

A fundamental property of
convex optimisation problems is that any
locally optimal point is also globally
optimal.

This work will adopt the front
slice technique since it works with the
property of matrix and for easy
representation, Figure 16 is a single slice
which contains rows and column, this will
help in describing the position of energy
level against frequency within the block.

PRINCIPAL COMPONENT ANALYSIS
The Spectrum data Principal

component analysis (PCA) is a statistical
procedure that uses an orthogonal
transformation to convert a set of data
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acquired from the spectrum taking into
account observations of possibly
correlated variables (entities each of
which takes on various numerical values)
into a set of values of linearly uncorrelated
variables called principal components. If
there are n observations with p variables,
then the number of distinct principal
components is min (n-1, p).

This transformation is defined in
such a way that the first principal
component has the most significant
possible variance (that is, it accounts for as
much of the variability in the data as
possible), and each succeeding
component, in turn, has the highest
variance possible under the constraint that

it is orthogonal to the preceding
components. The resulting vectors (each
being a linear combination of the variables
and containing n observations) are an
uncorrelated orthogonal basis set. PCA is
sensitive to the relative scaling of the
original variables.

EIGEN VALUES & EIGENVECTORS
APPLICATION

Exploiting the properties
Eigenvalues of real symmetric matrices
which are real, Eigenvalues will further
help to simplify the  process by finding the
root of the complex function, and the
spectrum data is considered the vector ⃗
in this case ⃗ = ⃗

Then we can conjugate to get ⃗= ⃗7
If the entries of A are real, this becomes ⃗ = ⃗

This proves that complex
eigenvalues of real-valued matrices come
in conjugate pairs

Now transpose to get ⃗ = ⃗ .
Because A is a symmetric matrix, we now
have ⃗ = ⃗
Multiply both sides of this equation on the
right with ⃗, i.e. ⃗ ⃗ = ⃗ ⃗

On the other hand multiply ⃗ = ⃗ on the left by ⃗ to get ⃗ ⃗ = ⃗ ⃗⇒ ⃗ ⃗ = ⃗ ⃗ ⇒ = ⇒
If A is an n x n symmetric matrix, then any two eigenvectors that come from distinct
eigenvalues are orthogonal. ⃗ = ⃗

Left multiply with ⃗ to ⃗ = ⃗ ⇒ ⃗ ⃗ = ⃗ ⃗
Similarly ⃗ ⃗ = ⃗ ⃗
From the above two equations ( − ) ⃗ ⃗ = 0 ⟹ ⃗ ⃗ = 0∴ ⃗ and ⃗ are perpendicular

COVARIANCE MATRIX
Covariance Matrix will be used in

explicitly detecting hole location in the
spectrum, and this is after all the
convergence has been realised.

Employing a Power spectral Density map
(PSD), the general representation of a
covariance is given in equation 7 below

( , ) = ∑ ( − )( − ) (7)
❖ ( , ) = ( )
❖ ( , ) = ( , )
❖ ( , ) = ∑ ( − )( − )

Lets assume a spectral Data plot in figure 18,19, 20 and 21,  note that y axis represent
the Energy level while the x axis represent the frequency.
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Figure 116 Plot showing Spectrum data Figure 17 Point of Likelihood

The plot in figures 18, 19, 20 and
21 show a scattered graph of spectrum
data, and this further shows how hole
location can be extracted, this platform
will make it possible for covariance

method to locate a point with a high
possibility of a spectrum hole.
In Figure 3, 18, the location for the
spectrum hole using the relativity from the
mean.( , ) = 1 − − (8)

( , ) = 1 ( − )( − )

Figure 18 Calculating the mean in Covariance Figure 19 Extracting feature using.
Covariance method(∑)= [ ( , ) ( , ) ⋯ ( , ) ( , ) ( , ) ⋯ ( , )⋮ ( , ) ⋮ ( , ) ⋮ ⋯ ⋮ ( , ) ]

(∑) = 1 − − ; ℎ = [ ⋮ ] (9)
CONCLUSION

This work came up with a
procedure that propose the use of Convex

Optimization for Spectrum Hole Detection
in Cognitive Radio Network Using Tensor
Analysis. It explores the multi-variant
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capability of tensor and convex
optimization Scheme for efficient and
adaptive thresholding in identifying and
classifying spectrum holes from the
concept of tensors which will be used in
spectrum hole identification. Other
corresponding techniques were also
explored like Principal Component
Analysis, Eigen Value and Eigen Vector,
with these Speed of spectrum
identification, will be improved upon
based on the convergence technique to be
adopted

Accuracy, which is a vital issue in
spectrum hole detection, will be enhanced
by advancing the use of the above-listed
techniques in detection of spectrum holes.
These techniques will then be improved
upon via convex optimization in order to
increase the speed and accuracy of
decision making.
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Table 1:represents a collection of spectrum
 data w

hich w
ill be split to sub-bands using an objective function.against PSD
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